It is shown that the derived dimension of any representation-finite Artin algebra is at most one. Let T be a triangulated category, and I and J two full subcategories of T . Denote by I the smallest full subcategory of T containing I and closed under shifts, finite direct sums and direct summands. Denote by I * J the full subcategory of T consisting of all the objects M ∈ T for which there exists a triangle I → M → J → I[1] with I ∈ I and J ∈ J . Put I ⋄ J = I * J and inductively
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Let A be an abelian category. Then D b (A), the derived category of bounded complexes over A, is a triangulated category. We call dimD b (A) the derived dimension of A. Let A be an associative algebra with identity, and A-mod the category of finitely generated left A-modules. Then we also say dimD b (A−mod) is the derived dimension of A. (ref. [3] ). The derived dimension of an Artin algebra is closed related to its Loewy length, global dimension, and representation dimension. Especially, it provides a lower bound of the representation dimension, which leads to find the examples of the algebras of arbitrarily large representation dimensions. (ref. [9, 7] ).
The following theorem is crucial though its proof is quite simple:
Here addM is the full subcategory of A consisting of direct summands of direct sums of finite copies of M.
is an exact triple of complexes, where i n : Kerf n → X n is the natural embedding andf n : X n → Imf n is the restriction of f n to Imf n for all n ∈ Z. Namely, we have the following commutative diagram in which each column is a short exact sequence:
have only finitely many nonzero summands. Hence K
• and I • ∈ A , and thus
An Artin algebra A is said to be representation-finite or of finite representation type if up to isomorphism there is only a finite number of indecomposable A-modules in A-mod. From now on we always consider finite-dimensional algebras over an algebraically closed field! Remark 3. By Corollary and [3, Theorem], we can know explicitly the derived dimension of any representation-finite algebra.
Remark 4. According to the derived category of bounded complexes of left modules, there are four important classes of algebras: derived finite algebras, derived discrete algebras, derived tame algebras and derived wild algebras (ref. [2, 4, 5, 10] ). We have known that the derived finite algebras are just the algebras of derived dimension zero. Let A be a derived discrete algebra. Then dimD b (A−mod) ≤ 1. Indeed, by [10, Theorem] , A is either a derived hereditary algebra of Dynkin type or a representation-finite gentle algebra. In both cases, A is representation-finite. By Theorem, we have dimD b (A− mod) ≤ 1. It is unknown if there is a upper bound for the derived dimensions of derived tame or tame algebras.
